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Recently, Taya [12] improved the result of Nakagawa and Horie on real quadratic fields for the case l = 3 and Ono [9] obtained a lower bound on the number of real quadratic fields k with λ l (k) = 0 for the case 3 < l < 5000.
In this note, refining Kohnen and Ono's method [7, 9] , we obtain a lower bound for the number of D k , −X < D k < 0, where D k is the discriminant of an imaginary quadratic field k such that h(k) ≡ 0 (mod l) and l does not split in k and X is a sufficiently large positive real number. Similarly, by a theorem of Iwasawa [6] , this is also a lower bound for the number of imaginary quadratic fields k with λ l (k) = 0. 
Proof of results
Proof of Theorem 1.1. Let l and p be odd primes. Let θ(z) := n∈Z q n 2 be the classical theta function, where
It is well known that
if n ≡ 7 (mod 4), where H(N ) is the Hurwitz-Kronecker class number for a natural number
where D k is the discriminant of an imaginary quadratic field k, then H(N ) is related to the class number of k by the formula (see [1] 
where ω(k) is half the number of units in 
, and U l V p θ 3 are modular forms of weight 3/2 on Γ 0 (4lp) with character 4lp · (see [10] ). To prove Theorem 1.1, we need the following lemmas.
Lemma 2.1. Let l and p be odd primes. If
Lemma 2.2. Let l be an odd prime such that l ≡ 5 or 7 (mod 8). Let p be an odd prime such that p ≡ 1 (mod 8), p ≡ −2 (mod l) and
P r o o f. From the assumption on l and p, we easily see that
for all n, 1 ≤ n < l.
Similarly we have
Lemma 2.3. Let l be an odd prime such that l ≡ 1 or 3 (mod 8). Let p be an odd prime such that p ≡ 1 (mod 8), p ≡ −2 (mod l) and
be the space of modular forms of weight k on Γ 0 (N ) with character χ. Sturm [11] proved that if g ∈ M k (Γ 0 (N ), χ) has integer coefficients and
then g ≡ 0 (mod l). He proved this for integral k and trivial χ but Kohnen and Ono [7] noted that this is also true for the general case.
Now we can prove Theorem 1.1. From now on we assume that l > 3 is an odd prime and p is an odd prime such that p ≡ 1 (mod 8), p ≡ −2 (mod l) and t p = 1 for all prime t, 2 < t < l. Case I: l ≡ 5 or 7 (mod 8). First we claim that (U lp θ 3 )(z) ≡ (V lp θ Thus from Dirichlet's theorem on primes in arithmetic progression, we have the corollary.
